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Fig. 5. PID likelihood functions for electrons (blue solid histogram) and μ (red dashed histogram) with
500 MeV/c momentum. A negative (positive) value indicates an electron-like (μ-like) particle.

Table 5. Comparison of the performance of SK-II (20% photo-coverage), SK-IV (40% photo-coverage), and
the expected performance of the Hyper-Kamiokande baseline design (20% photo-coverage) with preliminary
Hyper-K simulation and reconstruction.

SK-II SK-IV Hyper-K

Particle type (p = 500 MeV/c) e μ e μ e μ

Vertex resolution 28 cm 23 cm 25 cm 17 cm 27 cm 30 cm
Particle identification 98.5% 99.0% 98.8% 99.5% >99.9% 99.2%
Momentum resolution 5.6% 3.6% 4.4% 2.3% 4.0% 2.6%

We have been careful to keep the possibility of gadolinium loading in mind when designing the
overall Hyper-Kamiokande water system.

We have evaluated the expected performance of the Hyper-K detector using the MC simula-
tion and reconstruction tools under development. We have been developing a detector simulation
dedicated to Hyper-K based on “WCSim” [70], which is an open-source water Cherenkov detec-
tor simulator based on the GEANT4 library [71,72]. A new reconstruction algorithm developed for
Super-K/T2K [11], named “fiTQun,” has been adopted for the Hyper-K analysis. It uses a maxi-
mum likelihood fit with charge and time probability density functions constructed for every PMT
hit assuming several sets of physics variables (such as vertex, direction, momentum, and particle
type) [11,73].

As an example of the evaluation, electrons and muons with 500 MeV/c are generated with a fixed
vertex (at the center of the tank) and direction (toward the barrel of the tank) in the Hyper-K detector
simulation. Figure 5 shows the likelihood function for the particle identification. A negative (posi-
tive) value indicates an electron-like (μ-like) particle. It demonstrates a clear separation of electrons
and muons. The obtained performance of Hyper-Kamiokande is compared with the performance of
SK-II (20% photo coverage, old electronics) and SK-IV (40% photo coverage, new electronics) in
Table 5. The vertex resolution for muon events will be improved to the same level as Super-K with
an update of the reconstruction program. From the preliminary studies, the performance of Hyper-K
is similar to or possibly better than SK-II or SK-IV with the new algorithm. In the physics sensitiv-
ity study described in Sect. 4, a Super-K full MC simulation with the SK-IV configuration is used
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because it includes the simulation of new electronics and is tuned with real data, while giving a
similar performance to Hyper-K, as demonstrated above.

4. Physics sensitivities

4.1. Overview

As discussed in Sect. 2.2, a comparison of muon-type to electron-type transition probabilities
between neutrinos and anti-neutrinos is one of the most promising methods to observe the lepton
C P asymmetry. Recent observation of a nonzero, rather large value of θ13 [10,14,41,42] makes this
exciting possibility more realistic.

Figure 6 shows the νμ → νe and νμ → νe oscillation probabilities as a function of the true neutrino
energy for a baseline of 295 km. The Earth matter density of 2.6 g/cm3 is used in this analysis. The
cases for δC P = 0, 1

2π , π , and −1
2π are overlaid. Also shown are the cases of normal mass hierarchy

(�m2
32 > 0) with solid lines and inverted mass hierarchy (�m2

32 < 0) with dashed lines. The oscil-
lation probabilities depend on the value of δC P , and, by comparing the neutrinos and anti-neutrinos,
one can see the effect of C P violation.

There are sets of different mass hierarchy and values of δC P that give similar oscillation probabili-
ties. This is known as the degeneracy due to unknown mass hierarchy and may introduce an ambiguity
if we do not know the true mass hierarchy. Because there are a number of experiments planned to
determine mass hierarchy in the near future, it is expected that the mass hierarchy will be determined
by the time Hyper-K starts to take data. If not, Hyper-K itself has a sensitivity to the mass hierarchy
by the atmospheric neutrino measurements, as shown in Table 1. Furthermore, a combined analysis
of the accelerator and atmospheric neutrino data in Hyper-K will enhance the sensitivity, as shown in
Sect. 4.7. Thus, the mass hierarchy is assumed to be known in this analysis, unless otherwise stated.

Figure 7 shows the contribution from each term of the νμ → νe oscillation probability formula,
Eq. (7), for L = 295 km, sin2 2θ13 = 0.1, sin2 2θ23 = 1.0, δC P = π/2, and normal mass hierarchy.
For Eν � 0.6 GeV, which gives sin �32 � sin �31 � 1,

P
(
νμ → νe

)− P
(
ν̄μ → ν̄e

)
P
(
νμ → νe

)+ P
(
ν̄μ → ν̄e

) �
−16JC P sin �21 + 16c2

13s2
13s2

23
a

�m2
31

(
1 − 2s2

13

)
8c2

13s2
13s2

23

(10)

= −0.28 sin δ + 0.07. (11)

The effect of the C P-violating term can be as large as 28%, while the matter effect is much smaller.
The uncertainty of Earth density between Tokai and Kamioka is estimated to be at most 6%

[74]. Because the matter effect contribution to the total appearance probability is less than 10%
for a 295 km baseline, the uncertainty from matter density is estimated to be less than 0.6% and is
neglected in this analysis.

Due to the relatively short baseline and thus lower neutrino energy at the oscillation maximum, the
contribution of the matter effect is smaller for the J-PARC to Hyper-Kamiokande experiment com-
pared to other proposed experiments, like LBNE in the United States [75] or LBNO in Europe [76].
Thus the C P asymmetry measurement with the J-PARC to Hyper-K long-baseline experiment has
less uncertainty related to the matter effect, while other experiments with >1000 km baseline have
much better sensitivity to the mass hierarchy with accelerator neutrino beams1. The sensitivities for

1 Note that Hyper-K has sensitivity to the mass hierarchy using atmospheric neutrinos, as shown in Table 1.
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Fig. 6. Oscillation probabilities as a function of the neutrino energy for νμ → νe (left) and νμ → νe (right)
transitions with L = 295 km and sin2 2θ13 = 0.1. Black, red, green, and blue lines correspond to δC P = 0, 1

2π ,
π , and − 1

2π , respectively. Solid (dashed) line represents the case for a normal (inverted) mass hierarchy.
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Fig. 7. Oscillation probability of νμ → νe as a function of the neutrino energy with a baseline of 295 km.
sin2 2θ13 = 0.1, δC P = 1

2π , and normal hierarchy are assumed. The contribution from each term of the
oscillation probability formula is shown separately.

C P violation and mass hierarchy can be further enhanced by combining measurements with different
baselines.

The analysis method is based on a framework developed for the sensitivity study by T2K reported
in Ref. [77]. A binned likelihood analysis based on the reconstructed neutrino energy distribution
is performed using both νe (νe) appearance and νμ (νμ) disappearance samples simultaneously. In
addition to sin2 2θ13 and δC P , sin2 θ23 and �m2

32 are also included as free parameters in the fit. Table 6
shows the nominal oscillation parameters used in the study presented in this paper, and the treatment
during the fitting. Systematic uncertainties are estimated based on the experience and prospects of
the T2K experiment, and implemented as a covariance matrix that takes into account the correlation
of uncertainties.

An integrated beam power of 7.5 MW × 107 s is assumed in this study. It corresponds to
1.56 × 1022 protons on target with a 30 GeV J-PARC beam. We have studied the sensitivity to C P
violation with various assumptions of neutrino mode and anti-neutrino mode beam running time ratio
for both normal and inverted mass hierarchy cases. The dependence of the sensitivity on the ν:ν ratio
is found to be not significant between ν:ν = 1:1 to 1:5. In this paper, the ν:ν ratio is set to be 1:3
so that the expected number of events is approximately the same for the neutrino and anti-neutrino
modes.
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Table 6. Oscillation parameters used for the sensitivity analy-
sis and treatment in the fitting. The nominal values are used for
the figures and numbers in this section, unless otherwise stated.

Parameter Nominal value Treatment

sin2 2θ13 0.10 Fitted
δC P 0 Fitted
sin2 θ23 0.50 Fitted
�m2

32 2.4 × 10−3 eV2 Fitted
Mass hierarchy Normal or Inverted Fixed
sin2 2θ12 0.8704 Fixed
�m2

21 7.6 × 10−5 eV2 Fixed
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Fig. 8. The predicted Hyper-K neutrino fluxes from the J-PARC beam without oscillations. The neutrino
enhanced beam is shown on the left and the anti-neutrino enhanced beam is shown on the right.

4.2. Neutrino flux

The neutrino flux is estimated by the T2K Collaboration [78] by simulating the J-PARC neutrino
beamline while tuning the modeling of hadronic interactions using data from NA61/SHINE [79,
80] and other experiments measuring hadronic interactions on nuclei. To date, NA61/SHINE has
provided measurements of pion and kaon production multiplicities for proton interactions on a 0.04
interaction length graphite target, as well as the inelastic cross section for protons on carbon. Since
“thin" target data are used, the secondary interactions of hadrons inside and outside the target are
modeled using other data or scaling the NA61/SHINE data to different center-of-mass energies or
target nuclei. NA61/SHINE also took data with a replica of the 90 cm-long T2K target, which will
reduce the uncertainties related to the secondary interactions inside the target.

For the studies presented in this document, the T2K flux simulation has been used with the horn
currents raised from 250 kA to 320 kA. The flux is estimated for both polarities of the horn fields,
corresponding to neutrino enhanced and anti-neutrino enhanced fluxes. The calculated fluxes at
Hyper-K, without oscillations, are shown in Fig. 8.

The sources of uncertainty in the T2K flux calculation include:

◦ Uncertainties on the primary production of pions and kaons in proton-on-carbon collisions.
◦ Uncertainties on the secondary hadronic interactions of particles in the target or beamline

materials after the initial hadronic scatter.
◦ Uncertainties on the properties of the proton beam incident on the target, including the absolute

current and the beam profile.
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Fig. 9. The predicted uncertainty on the neutrino flux calculation assuming that replica target hadron
production data are available.

◦ Uncertainties on the alignment of beamline components, including the target and magnetic
horns.

◦ Uncertainties on the modeling of the horn fields, including the absolute field strength and
asymmetries in the field.

The uncertainties on the hadronic interaction modeling are the largest contribution to the flux uncer-
tainty and may be reduced by using the hadron production data with a replica of the T2K target.
A preliminary analysis using a subset of the replica target data from NA61/SHINE has shown that
it can be used to predict the T2K flux [81]. Since it is expected that replica target data will be
available for future long-baseline neutrino experiments, the Hyper-K flux uncertainty is estimated
assuming the expected uncertainties on the measurement of particle multiplicities from the replica
target. Hence, uncertainties related to the modeling of hadronic interactions inside the target are no
longer relevant; however, uncertainties for interactions outside the target are considered. The uncer-
tainties on the measured replica target multiplicities are estimated by applying the same uncertainties
that NA61/SHINE has reported for the thin target multiplicity measurements.

The total uncertainties on the flux as a function of the neutrino energy are shown in Fig. 9. In oscil-
lation measurements, the predicted flux is used in combination with measurements of the neutrino
interaction rate from near detectors. Hence, it is useful to consider the uncertainty on the ratio of the
flux at the far and near detectors:

δF/N(Eν) = δ

(
φHK(Eν)

φND(Eν)

)
. (12)

Here φHK(Eν) and φND(Eν) are the predicted fluxes at Hyper-K and the near detector, respectively.
T2K uses the ND280 off-axis detector located 280 m from the T2K target. At that distance, the
beamline appears as a line source of neutrinos, compared to a point source seen by Hyper-K, and the
far-to-near ratio is not flat. For near detectors placed further away, at, e.g., 1 or 2 km, the far-to-near
flux ratio becomes flatter and there is better cancellation of the flux uncertainties between the near
and far detectors. Figure 10 shows how the uncertainty on the far-to-near ratio evolves for baselines
of 280 m, 1 km, and 2 km. While this extrapolation uncertainty is reduced for near detectors further
from the production point, even the 280 m to Hyper-K uncertainty is less than 1% near the flux peak
energy of 600 MeV.
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Fig. 10. The uncertainty on the far-to-near flux ratio for near detectors at 280 m, 1 km, and 2 km. Left: neutrino
enhanced beam. Right: anti-neutrino enhanced beam. Top: the focused component of the beam. Bottom: the
defocused component of the beam.

4.3. Expected observables at Hyper-K

Interactions of neutrinos in the Hyper-K detector are simulated with the NEUT program library
[82–84], which is used in both Super-K and T2K. The response of the detector is simulated using the
Super-K full Monte Carlo simulation based on the GEANT3 package [85]. The simulation is based
on the SK-IV configuration with upgraded electronics and DAQ system. Events are reconstructed
with the Super-K reconstruction software. As described in Sect. 3.3, the performance of the Hyper-
K detector for neutrinos with the J-PARC beam energy is expected to be similar to that of Super-K.
Thus, the Super-K full simulation gives a realistic estimate of the Hyper-K performance.

The criteria for selecting νe and νμ candidate events are based on those developed for and estab-
lished with the Super-K and T2K experiments. Fully contained (FC) events with a reconstructed
vertex inside the fiducial volume (FV) and visible energy (Evis) greater than 30 MeV are selected
as FCFV neutrino event candidates. In order to enhance charged-current quasi-elastic (CCQE,
νl + n → l− + p or νl + p → l+ + n) interaction, a single Cherenkov ring is required.

Assuming a CCQE interaction, the neutrino energy (E rec
ν ) is reconstructed from the energy of

the final-state charged lepton (E�) and the angle between the neutrino beam and the charged lepton
directions (θ�) as

E rec
ν = 2

(
mn − V

)
E� + m2

p − (
mn − V

)2 − m2
�

2
(
mn − V − E� + p� cos θ�

) , (13)
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Fig. 11. Reconstructed neutrino energy distribution of the νe candidate events. Normal mass hierarchy with
sin2 2θ13 = 0.1 and δC P = 0 are assumed.

Table 7. The expected number of νe candidate events. Normal mass hierarchy with sin2 2θ13 = 0.1 and
δC P = 0 are assumed. Background (BG) is categorized by the flavor before oscillation.

Signal BG

νμ → νe νμ → νe νμ CC νμ CC νe CC νe CC NC BG total Total

ν mode 3016 28 11 0 503 20 172 706 3750
ν̄ mode 396 2110 4 5 222 396 265 891 3397

where mn , m p, m� are the masses of the neutron, proton, and charged lepton, respectively, p� is the
charged lepton momentum, and V is the nuclear potential energy (27 MeV).

Then, to select νe/νe candidate events, the following criteria are applied:

◦ The reconstructed ring is identified as electron-like (e-like).
◦ The visible energy (Evis) is greater than 100 MeV.
◦ There is no decay electron associated to the event.
◦ The reconstructed energy (E rec

ν ) is less than 1.25 GeV.
◦ In order to reduce the background from mis-reconstructed π0 events, additional criteria using a

reconstruction algorithm recently developed for T2K (fiTQun; see Sect. 3.3) is applied. With a
selection based on the reconstructed π0 mass and the ratio of the best-fit likelihoods of the π0

and electron fits as used in T2K [11], the remaining π0 background is reduced to about 30%
compared to the previous study [15].

Figure 11 shows the reconstructed neutrino energy distributions of νe events after all the selections.
The expected number of νe candidate events is shown in Table 7 for each signal and background
component. In the neutrino mode, the dominant background component is intrinsic νe contamina-
tion in the beam. The mis-identified neutral-current π0 production events are suppressed thanks to
the improved π0 rejection. In the anti-neutrino mode, in addition to νe and νμ, the νe and νμ com-
ponents have non-negligible contributions due to larger fluxes and cross sections compared to their
counterparts in the neutrino mode.

For the νμ/νμ candidate events, the following criteria are applied:

◦ The reconstructed ring is identified as muon-like (μ-like).
◦ The reconstructed muon momentum is greater than 200 MeV/c.
◦ There is at most one decay electron associated to the event.
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Fig. 12. Reconstructed neutrino energy distribution of the νμ candidate events.

Table 8. The expected number of νμ candidate events.

νμ CC νμ CC νe CC νe CC NC νμ → νe Total

ν mode 17 225 1088 11 1 999 49 19 372
ν̄ mode 10 066 15 597 7 7 1281 6 26 964

Figure 12 shows the reconstructed neutrino energy distributions of the selected νμ/νμ events. Table 8
shows the number of νμ candidate events for each signal and background component. For the neutrino
mode, most of the events are due to νμ, while in the anti-neutrino mode the contribution from wrong-
sign νμ components is significant.

The reconstructed neutrino energy distributions of νe events for several values of δC P are shown
in the top plots of Fig. 13. The effect of δC P is clearly seen using the reconstructed neutrino energy.
The bottom plots show the differences in reconstructed energy spectra from δC P = 0◦ for the cases
δ = 90◦, −90◦, and 180◦. The error bars correspond to the statistical uncertainty. By using not only
the total number of events but also the reconstructed energy distribution, the sensitivity to δC P can be
improved, and one can discriminate all the values of δC P , including the difference between δC P = 0
and π . Figure 14 shows the reconstructed neutrino energy distributions of the νμ sample for several
values of δC P . As expected, the difference is very small for νμ events.

4.4. Analysis method

The sensitivity of a long-baseline experiment using Hyper-K and the J-PARC neutrino beam is
studied using a binned likelihood analysis based on the reconstructed neutrino energy distribu-
tion. Both νe appearance and νμ disappearance samples, in both neutrino and anti-neutrino runs,
are simultaneously fitted.

The χ2 used in this study is defined as

χ2 = −2 lnL + P, (14)

where lnL is the log likelihood of a Poisson distribution,

− 2 lnL =
∑

k

{
− N test

k (1 + fi ) + N true
k ln

[
N test

k (1 + fi )
]}

. (15)

Here, N true
k

(
N test

k

)
is the number of events in the kth reconstructed energy bin for the true (test) oscil-

lation parameters. The index k runs over all reconstructed energy bins for muon and electron neutrino

23/35

 at K
okusai H

oken K
eikakugaku (U

N
IV

 O
F T

O
K

Y
O

) on M
ay 24, 2015

http://ptep.oxfordjournals.org/
D

ow
nloaded from

 

http://ptep.oxfordjournals.org/


PTEP 2015, 053C02 K. Abe et al.

 (GeV)
ν
recReconstructed Energy E

0 0.2 0.4 0.6 0.8 1 1.2

 N
um

be
r 

of
 e

ve
nt

s/
50

 M
eV

0
50

100
150
200
250
300
350
400
450

Neutrino mode: Appearance

 (GeV)
ν
rec Reconstructed Energy E

0 0.2 0.4 0.6 0.8 1 1.2

D
if

fe
re

nc
e 

of
 e

ve
nt

s/
50

 M
eV

–150

–100

–50

0

50

100

150

 (GeV)ν
recE

0 0.2 0.4 0.6 0.8 1 1.2

 N
um

be
r 

of
 e

ve
nt

s/
50

 M
eV

0

50

100

150

200

250

300

350

400

Anti-neutrino mode: Appearance

 = 0δ
 = 90δ
 = –90δ
 = 180δ

 (GeV)
ν
rec Reconstructed Energy E

0 0.2 0.4 0.6 0.8 1 1.2
D

if
fe

re
nc

e 
of

 e
ve

nt
s/

50
 M

eV
–150

–100

–50

0

50

100

150

 (δ = 90) – (δ = 0)
 (δ = –90) – (δ = 0)
 (δ = 180) – (δ = 0)

Fig. 13. Top: Reconstructed neutrino energy distribution for several values of δC P . sin2 2θ13 = 0.1 and normal
hierarchy is assumed. Bottom: Differences in the reconstructed neutrino energy distributions from the case
with δC P = 0◦. The error bars represent the statistical uncertainties of each bin.

 (GeV)
ν
recReconstructed Energy E

0 1 2 3 4 5 6 7 8 9 10

 N
um

be
r 

of
 e

ve
nt

s/
50

 M
eV

0

200

400

600

800

1000

Neutrino mode: Disappearance

 = 0δ
 = 90δ
 = –90δ
 = 180δ

 (GeV)ν
rec

0 1 2 3 4 5 6 7 8 9 10

 N
um

be
r 

of
 e

ve
nt

s/
50

 M
eV

0

200

400

600

800

1000

1200

Anti-neutrino mode: Disappearance

 = 0δ
 = 90δ
 = –90δ
 = 180δ

Reconstructed Energy E
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samples and for neutrino and anti-neutrino mode running. The parameters fi represent systematic
uncertainties. For anti-neutrino mode samples, an additional overall normalization parameter with
6% prior uncertainty is introduced to account for a possible uncertainty in the anti-neutrino interac-
tion, which is less known experimentally in this energy region. This additional uncertainty is expected
to decrease as we accumulate and analyze more anti-neutrino data in T2K, but we conservatively
assign the current estimate for this study. A normalization weight

(
1 + f ν

norm

)
is multiplied to N test

k
in the anti-neutrino mode samples.

The penalty term P in Eq. (14) constrains the systematic parameters fi with the normalized
covariance matrix C :

P =
∑
i, j

fi
(
C−1)

i, j f j . (16)
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In order to reduce the number of the systematic parameters, several reconstructed energy bins that
have similar covariance values are merged for fi .

The size of the systematic uncertainty is evaluated based on the experience and prospects of the
T2K experiment, as it provides the most realistic estimate as the baseline. We estimate the sys-
tematic uncertainties assuming the T2K neutrino beamline and near detectors, taking into account
improvements expected with future T2K running and analysis improvements. For Hyper-K, a further
reduction of systematic uncertainties will be possible with upgrade of the beamline and near detec-
tors, improvements in detector calibration and analysis techniques, and improved understanding of
neutrino interaction with more measurements. In particular, as described in Sect. 3.2, studies of near
detectors are ongoing with a goal of further reducing systematic uncertainties. The sensitivity update
is expected in the near future as the near-detector design studies advance.

There are three main categories of systematic uncertainties. We assume improvement from the
current T2K uncertainties for each category as follows.

i) Flux and cross-section uncertainties constrained by the fit to current near-detector data: These
arise from systematics of the near detectors. The understanding of the detector will improve
in the future, but this category of uncertainties is conservatively assumed to stay at the same
level as currently estimated.

ii) Cross-section uncertainties that are not constrained by the fit to current near-detector data:
Errors in this category will be reduced as more categories of samples are added to the near-
detector data fit, which constrains the cross-section models. We assume that the uncertainties
arising from different target nuclei between the near and far detectors will become negligible
by including the measurement with the water target in the near detector.

iii) Uncertainties on the far-detector efficiency and reconstruction modeling: Because most of
them are estimated by using atmospheric neutrinos as a control sample, errors in this category
are expected to decrease with the statistics available with Hyper-K, which is more than an order
of magnitude larger than that currently used for T2K. Uncertainties arising from the energy
scale are kept the same because they are not estimated by the atmospheric neutrino sample.

The flux and cross-section uncertainties are assumed to be uncorrelated between the neutrino and
anti-neutrino running, except for the uncertainty in the νe/νμ cross-section ratio, which is treated
as anti-correlated considering the theoretical uncertainties studied in Ref. [86]. Because some of
the uncertainties, such as those from the cross-section modeling or near-detector systematics, are
expected to be correlated and give more of a constraint, this is a conservative assumption. The far-
detector uncertainty is treated as fully correlated between the neutrino and anti-neutrino running.

Figures 15 and 16 show the fractional systematic uncertainties for the appearance and disap-
pearance reconstructed energy spectra in neutrino and anti-neutrino mode, respectively. Black lines
represent the prior uncertainties and bin widths of the systematic parameters fi , while colored lines
show the contribution from each uncertainty source. Figure 17 shows the correlation matrix of the
systematic uncertainties between the reconstructed neutrino energy bins of the four samples. The
systematic uncertainties (in %) of the number of expected events at the far detector are summarized
in Table 9.

4.5. Expected sensitivity to CP violation

Figure 18 shows the 90% CL allowed regions on the sin2 2θ13–δC P plane. The results for the true val-
ues of δC P = (− 90◦, 0, 90◦, 180◦) are overlaid. The top (bottom) plot shows the case for the normal
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Fig. 15. Fractional error size for the appearance (left) and disappearance (right) samples in the neutrino mode.
Black: total uncertainty, red: flux and cross section constrained by the near detector, magenta: near-detector
non-constrained cross section, blue: far-detector error.
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near-detector non-constrained cross section, blue: far-detector error.
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Table 9. Uncertainties (in %) for the expected number of events at Hyper-K from the systematic
uncertainties assumed in this study. ND: near detector.

Flux & ND-constrained ND-independent
cross section cross section Far detector Total

ν mode Appearance 3.0 1.2 0.7 3.3
Disappearance 2.8 1.5 1.0 3.3

ν mode Appearance 5.6 2.0 1.7 6.2
Disappearance 4.2 1.4 1.1 4.5
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Fig. 18. The 90% CL allowed regions in the sin2 2θ13–δC P plane. The results for the true values of
δC P = (−90◦, 0, 90◦, 180◦) are overlaid. Top: normal hierarchy case. Bottom: inverted hierarchy case. Red
(blue) lines show the result with Hyper-K only (with a sin2 2θ13 constraint from reactor experiments).

(inverted) mass hierarchy. Also shown are the allowed regions when we include a constraint from
the reactor experiments, sin2 2θ13 = 0.100 ± 0.005. With reactor constraints, although the contour
becomes narrower in the direction of sin2 2θ13, the sensitivity to δC P does not significantly change
because δC P is constrained by the comparison of neutrino and anti-neutrino oscillation probabilities
by Hyper-K and not limited by the uncertainty of θ13.

Figure 19 shows the expected significance to exclude sin δC P = 0 (the C P conserved case). The
significance is calculated as

√
�χ2, where �χ2 is the difference in χ2 for the trial value of δC P

and for δC P = 0◦ or 180◦ (the smaller value of difference is taken). We have also studied the case
with a reactor constraint, but the result changes only slightly. Figure 20 shows the fraction of δC P for
which sin δC P = 0 is excluded with more than 3 σ and 5 σ significance as a function of the integrated
beam power. The ratio of integrated beam power for the neutrino and anti-neutrino modes is fixed to
1:3. Normal mass hierarchy is assumed. The results for the inverted hierarchy are almost the same.
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Fig. 19. Expected significance to exclude sin δC P = 0. Top: normal hierarchy case. Bottom: inverted hierarchy
case.
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Fig. 20. Fraction of δC P for which sin δC P = 0 can be excluded with more than 3 σ (red) and 5 σ (blue)
significance as a function of the integrated beam power for the normal hierarchy case. The ratio of the neutrino
and anti-neutrino modes is fixed to 1:3.

C P violation in the lepton sector can be observed with more than 3(5) σ significance for 76(58)%
of the possible values of δC P .

Figure 21 shows the 68% CL uncertainty of δC P as a function of the integrated beam power. With
7.5 MW × 107 s of exposure (1.56 × 1022 protons on target), the value of δC P can be determined to
better than 19◦ for all values of δC P .
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significance as a function of the true value of sin2 θ23, for the normal hierarchy case. Vertical dashed lines
indicate 90% confidence intervals of sin2 θ23 from the T2K measurement in 2014 [38].
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Fig. 23. The 90% CL allowed regions in the sin2 θ23–�m2
32 plane. The true values are sin2 θ23 = 0.5 and

�m2
32 = 2.4 × 10−3 eV2 (red point). The effect of systematic uncertainties is included. The red (blue) line

corresponds to the result with Hyper-K alone (with a reactor constraint on sin2 2θ13). The dotted line is the
90% CL contour from the T2K experiment [38] with the best-fit values indicated by a black point.

As a nominal value, we use sin2 θ23 = 0.5, but the sensitivity to C P violation depends on the value
of θ23. Figure 22 shows the fraction of δC P for which sin δC P = 0 is excluded with more than 3 σ

and 5 σ significance as a function of the true value of sin2 θ23 with the current best knowledge of the
possible sin2 θ23 range from the T2K Collaboration [38].
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32 = 2.4 × 10−3 eV2. The effect of systematic uncertainties is included. Top: Hyper-K only. Bottom: With

a reactor constraint.

Table 10. Expected 1 σ uncertainty of �m2
32 and sin2 θ23 for true sin2 θ23 = 0.45, 0.50, 0.55. A reactor

constraint on sin2 2θ13 = 0.1 ± 0.005 is imposed. NH: normal hierarchy, IH: inverted hierarchy.

0.45 0.50 0.55
True sin2 θ23

Parameter �m2
32 (eV2) sin2 θ23 �m2

32 (eV2) sin2 θ23 �m2
32 (eV2) sin2 θ23

NH 1.4 × 10−5 0.006 1.4 × 10−5 0.015 1.5 × 10−5 0.009
IH 1.5 × 10−5 0.006 1.4 × 10−5 0.015 1.5 × 10−5 0.009

4.6. Sensitivity to �m2
32 and sin2 θ23

The result shown above is obtained with sin2 θ23 and �m2
32 as free parameters as well as sin2 2θ13

and δC P , with nominal parameters shown in Table 6. The use of the νμ sample in addition to νe

enables us to also precisely measure sin2 θ23 and �m2
32. Figure 23 shows the 90% CL allowed

regions for the true value of sin2 θ23 = 0.5 together with the 90% CL contour by the T2K νμ dis-
appearance measurement [38]. Hyper-K will be able to provide a precise measurement of sin2 θ23

and �m2
32. Figure 24 shows the 90% CL allowed regions on the sin2 θ23–�m2

32 plane, for the true
values of sin2 θ23 = 0.45 and �m2

32 = 2.4 × 10−3 eV2. For the determination of θ23, a νμ disappear-
ance measurement provides a precise measurement of sin2 2θ23. However, when θ23 �= π

4 , there are
two possible solutions (θ23 and π

2 − θ23), which give the same sin2 2θ23. This is known as the octant
degeneracy. As seen from Eq. (7), the νe appearance measurement can determine sin2 θ23 sin2 2θ13.
In addition, the reactor experiments provide an almost pure measurement of sin2 2θ13. Thus, the

30/35

 at K
okusai H

oken K
eikakugaku (U

N
IV

 O
F T

O
K

Y
O

) on M
ay 24, 2015

http://ptep.oxfordjournals.org/
D

ow
nloaded from

 

http://ptep.oxfordjournals.org/


PTEP 2015, 053C02 K. Abe et al.

23θ2sin

0.4 0.45 0.5 0.55 0.6

W
ro

n
g

H
ie

ra
rc

h
y

R
e j

ec
ti

o
n

2 χ
Δ

0

5

10

15

20

25

30

3 σ

3 σ

2 σ

2 σ

 UncertaintyCPδ

T2K 90% CL

23θ2sin

0.4 0.45 0.5 0.55 0.6

W
ro

n
g

 O
ct

an
t

R
ej

e c
ti

o
n

2 χ
Δ

0

5

10

15

20

25

30

 UncertaintyCPδ

T2K 90% CL

Fig. 25. Atmospheric neutrino sensitivities for a 10 yr exposure of Hyper-K assuming that the mass hierarchy
is normal. Top: the �χ2 discrimination of the wrong hierarchy hypothesis as a function of the assumed true
value of sin2θ23. Bottom: the discrimination between the wrong octant for each value of sin2θ23. The uncertainty
from δC P is represented by the thickness of the band. Vertical dashed lines indicate 90% confidence intervals
of sin2 θ23 from the T2K measurement in 2014 [38].

combination of these complementary measurements is known to be able to resolve this degeneracy
if θ23 is sufficiently away from π

4 [87–89]. As shown in Fig. 24, with a constraint on sin2 2θ13 from
the reactor experiments, Hyper-K measurements can resolve the octant degeneracy and precisely
determine sin2 θ23.

The expected precision of �m2
32 and sin2 θ23 for true sin2 θ23 = 0.45, 0.50, 0.55 with a reactor

constraint on sin2 2θ13 is summarized in Table 10.

4.7. Combination with atmospheric neutrino data

Atmospheric neutrinos can provide independent and complementary information to the accelerator
beam program on the study of neutrino oscillation. For example, through the matter effect inside the
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Fig. 26. Combination of the accelerator and atmospheric data. Top: Expected �χ2 values for accelerator and
atmospheric neutrino measurements assuming that the mass hierarchy is unknown. The true mass hierarchy is
normal hierarchy and the true value of δC P = 0. Bottom: By combining the two measurements, the sensitivity
can be enhanced. In this example study, �χ2 is simply added.

Earth, a large-statistics sample of atmospheric neutrinos by Hyper-K will have a good sensitivity to
the mass hierarchy and θ23 octant.

Assuming a 10 yr exposure, Hyper-K’s sensitivity to the mass hierarchy and the octant of θ23 by
atmospheric neutrino data are shown in Fig. 25. Depending on the true value of θ23, the sensitivity
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changes considerably, but for all currently allowed values of this parameter the mass hierarchy sen-
sitivity exceeds 3 σ independent of the assumed hierarchy. If θ23 is non-maximal, the atmospheric
neutrino data can be used to discriminate the octant at 3 σ if sin2 θ23 < 0.46 or sin2 θ23 > 0.56.

In the previous sections, the mass hierarchy is assumed to be known prior to the Hyper-K mea-
surements. This is a reasonable assumption considering the increased opportunities, thanks to a large
value of θ13, of ongoing and proposed projects for mass hierarchy determination. However, even if the
mass hierarchy is unknown before the start of experiment, Hyper-K itself will be able to determine
it with the atmospheric neutrino measurements.

Because Hyper-K will observe both accelerator and atmospheric neutrinos with the same detector,
the physics capability of the project can be enhanced by combining two complementary measure-
ments. As a demonstration of such a capability, a study has been done by simply adding �χ2 from
two measurements, although in a real experiment a more sophisticated analysis is expected. Assum-
ing the true mass hierarchy of normal hierarchy and the true value of δC P = 0, the values of expected
�χ2 as a function of δC P for each of the accelerator and atmospheric neutrino measurements, with-

out assumption of prior mass hierarchy knowledge, are shown in the top plot of Fig. 26. For the
accelerator neutrino measurement, there is a second minimum near δC P = 150◦ because of a degen-
eracy with mass hierarchy assumptions. On the other hand, the atmospheric neutrino measurement
can discriminate the mass hierarchy, but the sensitivity to the C P-violating phase δC P is worse than
the accelerator measurement. By adding the information from both measurements, as shown in the
bottom plot of Fig. 26, the fake solution can be eliminated and a precise measurement of δC P will
be possible.

5. Conclusion

The sensitivity to leptonic C P asymmetry of a long-baseline experiment using a neutrino beam
directed from J-PARC to the Hyper-Kamiokande detector has been studied based on a full simulation
of beamline and detector. With an integrated beam power of 7.5 MW × 107 s, the value of δC P can
be determined to better than 19◦ for all values of δC P , and C P violation in the lepton sector can be
observed with more than 3 σ (5 σ ) significance for 76% (58%) of the possible values of δC P .

Using both νe appearance and νμ disappearance data, a precise measurement of sin2 θ23 will be
possible. The expected 1 σ uncertainty is 0.015(0.006) for sin2 θ23 = 0.5(0.45).
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